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The Monin-Obukhov similarity theory forms the basis of the methodology used to
calculate surface fluxes of momentum, and sensible and latent heat in numerical
models of the atmosphere. However, observed surface properties are often not homo-
geneous over the subgrid length scales used in models as assumed in the theory.
Conditions necessary for homogeneity are discussed. Several simple models are
then presented to generalise the concept of roughness to apply in non-homogeneous
conditions because of variations in terrain, vegetation, or the presence of buildings
or other obstacles. These models are preliminary and indicate the need for a
comprehensive theory for heterogeneous flow. Recent results from the HAPEX-
MOBILHY, FIFE, BLX83 and other experiments are used to illustrate spatial
variability and the problem of averaging over regional scales.

Turbulent mixing within the atmospheric boundary layer (ABL) is another im-
portant element of ABL parametrisation. Several different approaches including
first-order closure, higher-order (second-moment) closure, transilient and simi-
larity theory parametrisations are discussed and their performances are compared
in homogeneous and non-homogeneous situations.

Introduction

Information about the properties of the under-
lying surface is transferred to the general atmos-
pheric flow through the region known as the
atmospheric boundary layer (ABL). The physics
of the transfer involves small-scale turbulence
processes and must be parametrised in numerical
models of the atmosphere. A methodology to
relate surface fluxes of momentum, and sensible
and latent heat to the mean gradients of wind
speed, potential temperature and specific
humidity, including their variation with thermal
stability, was developed by Monin and Obukhov
(1954) in their landmark paper. This method-
ology continues to serve as the basis for calcu-
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lation of these fluxes in numerical models. Over
the past forty years most of the field experiments
(for example, the Great Plains experiment; the
Kerang, Hay and Gurley experiments; the Kansas
experiment; the Wangara experiment; the Minne-
sota experiment; and the Koorin experiment; see
Stull (1988, pp. 418-419) and Garratt and Hicks
(1990) for partial lists of ABL field experiments)
were conducted over relatively flat, homogenous
terrain in compliance with the Monin-Obukhov
theory.

However, the observed properties of most land
surfaces are not homogeneous on the subgrid
scales used in models and as assumed in the
theory. In this paper we will present some recent
ideas for dealing with inhomogeneities and for
performing areal averages. We will also examine
several different approaches to parametrising -
ABL mixing and compare their performances. We
begin by considering the case of homogeneous
roughness.
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Homogeneous roughness

We can subdivide ABL flows, following Wieringa
(1993), into four types: smooth (where the ob-
stacles are too small to produce apprec1able
wakes); semi-smooth (where the obstacles are iso-
lated and are spaced sufficiently far apart so that a
region exists where the wake is almost absent);
wake-interference (where the wake of one obstacle
impinges on the wake of another obstacle); and
skimming (where there is such a high density of
obstacles that the flow between the obstacles'has a
separate regime from the flow above). These cat-
egories.are illustrated in Fig. 1 and depend on the
ratio of 'the distance between obstacles, x, to the
height of the obstacles, H. Smooth and skimming
flows are predominantly homogeneous and semi-
smooth flow may be homogeneous; wake-flow is
not homogeneous.

In Fig. 2 we show a schematic diagram which
illustrates the effect of a discontinuity in surface
roughness. Above the new (homogeneous) rough-
ness the air-flow adapts to, and comes to equilib-
rium with, the new surface condition; the depth of
the adapted layer gradually increases with fetch F.
Above the adapted layer and up to the top.of the
internal boundary layer the air only partially
adjusts to the new surface and the flow is not in
equilibrium with the surface. The height of the
adapted layer is approximately 0.1 the height of
the internal boundary layer and the minimum
fetch requirement can be estimated, for example,
by Miyake’s (1965) equation based on diffusion

theory:
F~2z, [102<ln1—02-— 1) + 1]
Zy

where z is the downstream roughness length. This
form of the fetch equation gives better agreement
with data (Jackson 1976; Walmsley 1989) than
the earlier power law formation suggested by
Elliott (1958). For further discussion see the
reviews by Garratt (1990), Wieringa (1993), and
Kaimal and Finnigan (1994, pp. 112-115).
There is also a minimum height requirement,
Zmin- This is the lowest height above the canopy
where horizontal location is unimportant for the
flow structure. It measures the height of the tran-
sition or roughness sublayer that exists immedi-
ately above the canopy where irregularities in the

canopy disturb the flow. Based on their analysis of _

a number of wind tunnel studies of flow over

regular arrays of cylinders, Raupac_:h et al. (1980)

found:

Zmin~H+ 1.5D .2

where H is the height of the vegetation/obstacles
and D the distance between obstacles. Wieringa
(1993) examined atmospheric data for skimming
flow over various types of forests.and found the

Fig.1 Schematic diagram illustrating the types of ABL
flow categories (after Wieringa, 1993).
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Fig.2 Schematic diagram illustrating the structure of
the ABL after a change in surface roughness. F is
the fetch. The acceptable height range for obser-
vations is between z,;, and z(F) (after Wieringa,
1993).
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same relationship held when the results were
averaged over the six experimental studies. Other
investigators, e.g. Garratt (1980), Jacobs and van
Boxel (1988), and Parlange and Brutsaert (1989),
relate z,,;, to the zero-plane displacement height,
d, but this method has the disadvantage of requir-
ing. iteration — the value of d cannot be well
determined until the value of z,;, is known.

To apply Eqn 2, estimates of the inter-obstacle
distance are needed. Wieringa (1993), who based
his analysis on a number of field studies, suggests
the following relationships for forests:
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D=0.09H+1.3+0.5m ...3
or
'D=~0.15H .4

Equation 2 applies to skimming flow over
obstacles where the inter-obstacle distance is well
defined. However, for high grasses, grains or crops
arranged in rows, D is not well defined. For these
cases Wieringa (1993) recommends neglecting D
and using:

Zmin ~ 1.5H .5

A third length scale, the zero-plane displace-
ment length, d, is needed if the flow close to the
canopy is to be modelled. Although d depends on
the size:and geometry of the obstacles, and their
spacing and distribution, its value depends
mainly on H. Garratt (1992, p. 290) summarises
the results from a number of field studies. Typical
average values for crops (Munro and Oke 1973)
and forests (Thom 1971) are:

d =~ 0.64H for crops ...6

" d'~0.75H for forests T

Deviations from the logarithmic profile are
observed asz/z,becomes small. The lower limit of
the applicability of the inertial sublayer (logarith-
mic profile) is given as 10zy to 150z (Garratt
1992, p. 60) and 20z, (Wieringa 1993) or if the
zero-plane displacement length is not negligible,
the latter limit becomes:

Zmin <z <<d + 20z, ... 8

Wieringa.(1993) carefully examined the results
from hundreds of experiments and found fifty
experiments that met the above criteria for mini-
mum height of observation and minimum fetch
(maximum height of observation) and where the
profiles were adequately resolved. His results are

shown in Table 1 and compared with several stan-
dard references. Except for the summaries of Oke
(1978) and Smedman-Hogstrém and Hogstrom
(1978), all of the other classifications he examined
give z, values that are too large for smooth terrain
(probably because the fetches were too short). For
semi-smooth flow and skimming flow the classi-
fications of Smedman-Hogstrém and Hogstrom
(1978), Cook (1985), Troen et al. (1987) and
others underestimate the roughness by a factor of
two.

Heterogeneous roughness

Over flat, homogeneous surfaces we have the
Monin-Obukhov similarity theory which serves
as the basis of our understanding of flux-gradient
relationships: What do we do when the surface is
not flat or not homogeneous? As a first guess we
try Monin-Obukhov theory. We limit the dis-
cussion to horizontal length-scales up to about
10 km. Parlange and Brutsaert (1989) use radio-
sonde data to derive neutral wind profiles over a
heterogeneous area consisting of approximately
65 per cent pine forest with breaks for agricultural
lands, logging operations and small villages. The
data (not shown) indicate the familiar logarithmic
profile found over homogeneous terrain. Grant
(1991) also makes measurements over hetero-
geneous terrain (consisting of wooded areas, built-
up urban areas and agricultural areas) using the
Cardington tethered balloon system. He finds
good agreement between his nondimensional
wind shear measurements between 40 to 70 m,
and 70 to 130 m with the Dyer-Businger (Dyer
1974) and Carl et al. (1973) formulations. These
results indicate that at some distance above the
roughness elements the general properties of the
flow are similar to those over a homogeneous sur-
face (there are some minor differences in the spec-

Table 1. Roughness based on classifications (zg,ss)) and homogeneous values (zyy). The symbol ~ indicates that the ’
terrain correspondence is only approximate (after Wieringa (1993)).

Terrai _ Oke Davenport ESDU Cook Troen

errain ~Zoo (1978) (1960)  Smedman (1978) (1985)  (1987)
Flat snow 0.0003 =0.0002 - 0.0001 0.003 0.001
Flat land 0.0003 '0.0003 0.006 0.005 0.003 0.0003
Fallow ground 0.002 '0.001-0.01 0.015 - 0.01 0.005
Smooth, A(ZOI(CI:!SS)(ZOO) 1.1 14- (1) 8 2.2
Short grass 0.013 0.003-0:.01 0.015 0.008 0.01 0.01
Long grass 0.034 0.04-0.10: 0.04 0.02-0.05 0.01 -
Cropped farmland =0.1 0.04-0.20 0.11 0.05-0.10 0.03 0.05
Semi-smooth, (Zgciass)/Z00) 1.1 1.1 0.7 0.5 0.6
Pine forest 1.2 1.0-6.0 0.8 0.4 0.3 0.30
Low suburb 0.6 - ~1.3 0.4-0.6 0.3 0.40
Regular town i:1 - ~1.3 0.6-0.9 0.8 -
Skimming, (Zo(ciass)/Zoo)

2). 1.3 0.6 0.5 0.5
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tra). This minimum height is called the blending
height and will be discussed later.

How can z, be estimated? There is much litera-
ture on estimating roughness (see Oke (1978);
Pielke (1984); Wieringa (1993), for example). The
simplest idea is due to Paeschke (1938):

Z0=CH : ...9

where C is a constant. This relation is still used
with C often chosen to be about 1/7, but this
relationship is not reliable (Garratt 1977); it turns
out that z, depends on other variables in addition
to H.

Lettau (1969) suggested that the effect of form
drag could be estimated by considering the
geometry of major roughness elements (also see
Businger (1974); Seginer (1974) and Kondo and
Yamazawa (1986)):

2o~ CHS/A ~ CHA ... 10

where C is a constant, S the silhouette area and A
the surface area which on the average contains one
surface roughness element, and A the ratio of the
areas. However, this formula is not complete
because it does not account for the drag due to
small-scale surface features. Extensions of these
ideas will be discussed below.

Flow over topography

At some height above the tops of ridges, which
were approximately two-dimensional and 250 m
in amplitude, Grant and Mason (1990) also found
evidence of logarithmic wind profiles in near-
neutral conditions. They developed a simple
model for the effective roughness valid at large
slopes by expanding Lettau’s idea. They par-
titioned the total drag as the sum of the form drag
and the surface shear stress (skin friction). This
gave: v

S 1

k2
0.5CRA + =3 %)

In2(H/2z.) =

While this assumption is valid for flow over iso-
lated obstacles, Mason found that the equation
gave good aggreement with the predictions from a
second-order closure model for flow over sinus-
oidal terrain when Cg =0.3.

Another simple expression for the effective
roughness length was derived by Taylor et al.
(1989) based on studies using six different
numerical models and the assumption that sufhi-
ciently far away from the topography the flow is
independent of horizontal position. For neutrally
stratified flow over small-amplitude, two-dimen-
sional sinusoidal terrain (limited to maximum

slopes ax <0.38, where a is the amplitude and x
the wave number) they found:

In(Zgefrr,) = 3.5(ax)? In(Lizg) ... 12

where L is the horizontal wavelength.

A more general expression for the effective
roughness length for momentum, not restricted to
large or small values of slope, was given by Wood
and Mason (1993). In this case the square of the
effective value of the friction velocity is parame-
trised by an undisturbed (upstream) friction
velocity plus a drag coefficient term evaluated
at the pressure scale-height, z ., where z,, = h,, for
H =< h,, z,=H for H>h, and h,~(1/4)
In~Y2 (h,/z;). Substituting the neutral logarith-
mic profile relation for the square of the effective
friction velocity gives:

1 =&+ 1 ...13

ln2<zm> k lnz(z—m>
Zoeft Zy

Figure 3 shows a comparison of predictions of
the effective roughness length from these simple
expressions with experimental ' and numerical
model results. The agreement of the theory (in the
range of its validity) with the observations and
model results is generally good, although a con-
clusive comparison with observations would
require measurement of the local roughness
lengths, z,, which so far has not been done.

Flow over obstacles

‘Scaling arguments for sheltering areas and vol-

umes behind roughness elements and the assump-
tion of random superposition of roughness
elements allowed Raupach (1992) to develop
expressions for the total drag, partitioning of the
drag, the effective roughness length and the dis-
placement height (also see Emeis (1990), and
Hanssen-Bauer and Gjessing (1988)).

Raupach finds that the square root of the total
drag coefficient is given by:

Up/ue=(Cs+ACR) "2 exp(cAUy/2us) ... 14

where Cg is the drag coefficient for the substrate
surface, Cg the drag for an isolated, surface-
mounted roughness element and c is a constant.
Although the assumptions of the theory are valid -
only for small A, the total drag seems to saturate at
high values of A and this empirically fixes the
value of ¢ (c = 0.37).

The total stress, 1, is partitioned into form drag,
TR, and the surface shear stress (skin friction), ts,
by the relations:

s__ 1 w__BA ... 15
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Fig.3 Comparison of theoretical predictions of effective roughness length for momentum with observations and model
results for two-dimensional hills (after Wood and Mason, 1993). A is the silhouette area, Sy the domain areaand h
the amplitude of the hills. (a) The dotted line indicates the linear predictions (Eqn 12), the dashed line shows the
bluff-body predictions with Cp, = 0.3 (Eqn 11) and the solid line gives the general relation (Eqn 13). The asterisks
indicate the results of the numerical model. (b) The solid line indicates the predictions of (13) with a local
roughness length of zy = 0.3 m and topographical wave length of 1000 m. The dashed line shows the predictions of
(13) with zy = 0.5 m and the wave length = 1000 m. The squares show the field observations summarised by Grant
and Mason (1990) and the triangles the data of Hopwood (1991) (also see Hignett and Hopwood, 1994).
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where B=Cgr/Cs. When compared with the

theories of Wooding et al. (1973) and Arya (1975),

and the wind tunnel measurements of Marshall

(1971), Raupach’s theory gives an excellent fit to

" the data over the whole range A, whereas the other

theories are valid only over a restricted range of A.
The expression for the roughness length is:

zo=(H —d) exp(W¥y) exp(—kUy/us). .. 16

where exp (Wy) is the correction function for flow
within the transition (roughness) sublayer;
¥, =In(c,)+1—c, !, wherec, is a constant. If
¢w= 1.5, then ¥ =~ 0.74.

The zero-plane displacement height, d, can be
written as:

- () (1) (7)1

where b is the width of the roughness elements and
cq4 is a constant (cy = 0.6).

Figure 4 shows a comparison of the theoretical
predictions for the square root of the total drag
coefficient, the zero-plane displacement height
and the effective roughness length with wind
tunnel data and measurements over vegetation
canopies. The evaluation of the empirical con-

(b)

10. O

0.1 r
0.00 0.05 .10 0.15 0.20

stants is tighly constrained and the agreement is
good.

As discussed above, several simple parametris-
ations for flow over obstacles and simple (ideal-
ised) terrain exist, and they give reasonable
agreement with the available data in neutral con-
ditions. Most of the atmospheric data over terrain
have so far been limited to the region of A < 0.1.
For peak-to-valley heights of about 250 m the
observed z, is about 10 m. For larger A and H
values, the simple theories suggest that z; of tens
to hundreds of metres may apply! However z>> z,
must still be within the surface (constant flux)
layer to use Monin-Obukhov theory and this may
be violated if z; becomes too large (i.e. larger than
several metres); also, the method of obtaining
geostrophic drag coefficients from Rossby num-
ber similarity theory (e.g. the assumptions of an
inner logarithmic layer to match with the outer
layer and that the quantity U,/ | £ |zo—-> o0,
where U, is the geostrophic wind and f the
Coriolis parameter) may be invalid. At present the
observational and modelling (physical and
numerical) foundation for understanding these
parametrisations is still very incomplete. We do
not know how robust the parametrisations are or
if they can be applied with confidence in all stab-
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Fig.4 Comparison of theoretical predictions of (a) the
square root of the total drag coefficient from (15);
(b) the zero-plane displacement length from (17);
and (c) the effective roughness length from (16)

with wind tunnel and field data (after
Raupach, 1992). The constants used are
Cr=0.3,C5=10.003,c=0.37,c,=0.5,¢c,=0.3,
0.6 and 1.2.
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ilities. The apparent contradictions between
Monin-Obukhov and Rossby number similarity
theories (which require relatively small z, values)
and the roughness length parametrisations for
steep terrain (which predict z, values of the order
of the height of the boundary layer) highlight the
inadequacy of our theoretical understanding.

Areal averages

In numerical models of atmospheric flow, areal
averages of the drag coefficients over the horizon-
tal grid are required in order to parametrise the
surface fluxes. How can these areal averages be
calculated?

The local drag coefficient for neutral conditions

is defined by:
CD=<L>2 18
z
In—
Zy

A simple approach would be to replace the local
value of z; with the areally averaged roughness
length, <<zy>, in this definition. This turns out to
give unacceptably large errors (systematically too
high by up to 30 per cent (Claussen 1989; Mahrt
1987))."

Another approach would be to replace In z; by
its areally averaged value <In z5>. This also gives
unacceptably large errors (systematically too low
by up to 20 per cent).

An approach that does work is to define a blend-
ing height, 1, where the flow is in approximate
equilibrium and independent of the horizontal
position, i.e. the flow is horizontally homo-
geneous over the grid (Wieringa 1986; Mason
1988; Claussen 1990). This concept is similar to
the idea of z;, for skimming flow discussed
earlier.

An expression for 1, can be obtained from
scaling arguments:

'_b( l_b)“= 2 .19
L (Ing) =

where L is the horizontal length scale, z,, the
aggregated roughness length for the area, n a con-
stant (n=1—2) and C another constant. The
value of n depends on how the scaling argument is
constructed. Jackson and Hunt (1975), for
example, use a formal perturbation expansion of
the momentum equations and Claussen (1988,
1990, 1991) bases his argument on a representa-
tive eddy viscosity and the advective time-scale;
both obtain n= 1. Taylor et al. (1987), Mason
(1988) and Wood and Mason (1991) balance the
stress divergence and the horizontal advection to
obtain n=2. Wood and Mason (1991) suggest
that in neutral conditions the choice of blending
height definition with n = 2 means that above this
height the areally averaged mean flow profile
should be logarithmic, while the choice n=1
implies that the local mean flow profile should be
logarithmic. Wieringa (1976) simplifies the esti-
mate, based on laboratory studies. He suggests
that 1, = 2H and disregards the scale of horizontal
variations.

In Fig. S the theoretical predictions for n are
compared with observations and predictions
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Fig. 5 Comparison of theoretical predictions for the
exponent n=1 (line 1) and n=2 (line 2) with
numerical model predictions and observations
(after Beljaars and Taylor, 1989). The data are
from the field experiments summarised by Taylor
etal. (1987) and the wind tunnel studies summar-
ised by Gong (1987) and Gong and Ibbetson
(1989).
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Fig. 6 The variation of local momentum roughness
length z,, the roughness length based on the total
skin drag z,, and the effective roughness length
including the contribution of form drag with frac-
tional cover of forest. zy, is the local roughness for
forest and zy, for open fields (after Claussen and
Klaassen, 1992).
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from three second-moment models: a mixed spec-
tral finite-difference model using mixing length
(E-1) closure (Beljaars et al. 1987); a similar model
using turbulent kinetic energy dissipation (E-g)
closure (Beljaars et al. 1987); and a mixing length
turbulent energy closure in a non-orthogonal
coordinate system (Taylor 1977). Although the
field data must be treated with some caution, both
the measurements and the model predictions
indicate that the value of n lies between 1 and 2.

The theory assumes that 1, is located within the
surface layer. Although there was some contro-
versy initially, there now seems to be general
agreement (e.g. Mason 1988; Taylor et al. 1989;
Claussen 1990; Grant 1991) that the effective
roughness should be defined to give the correct
surface stress (rather than the correct average
velocity profile), i.e.

I _y f ...20
() k)
Zoe Zo;
where f; is the fraction of the area covered by
roughness zy; and zg is the effective roughness
based on skin friction alone (the aggregated rough-
ness length).

In areas of complex terrain and/or marked
differences in roughness, the overall effective
roughness length zp.4 must include the form drag
contribution as well as the skin friction. Claussen
and Klaassen (1992) have developed a simple
model of forest and agricultural land. The model
calculates the form drag which occurs due to the
forest edges. Figure 6 shows the variation of the
roughness length based on the skin drag of the two
surfaces and the effective roughness length includ-
ing form drag as the fractional cover of forest
changes. They find that the value of the effective
roughness can exceed the local value of roughness
for the forest because of the effect of form drag.

The regional average momentum flux can be
written as (Claussen and Klaassen 1992):

k \2. .21

1o=pCpU,? where Cp =

where the subscript | indicates the lowest model
level and 7y incorporates the effect of form drag
and accounts for the blending height. Corrections
for thermal stability can be made based on the
Dyer-Businger (Dyer 1974) or Louis (1979) for-
mulations (see Claussen (1991) and Claussen and
Klaassen (1992)).

Klaassen (1992) has studied the latent heat
flux from a two-dimensional region composed of
strips of 0.5 km agricultural land and 0.5 km
forest. Because the fetch is limited the latent
heat flux deviates from the values obtained by
assuming that the flow is in equilibrium with the






